Main types of immigration status against eligibility for housing and the proof of status required:

Class of applicant
Conditions of eligibility
Proof of status

Existing social tenant (allocated accommodation by LA)
None
 

British citizen
Must be habitually resident in the CTA[1]
Passport

EEA citizen[2] (and dependants)
Must be habitually resident in CTA, unless:

applicant is a worker[3], or
applicant has a right to reside in the UK[4]
Passport or national identity card

A8 national (and dependants)
As EEA above AND registered on Workers Registration Scheme 

UNLESS 

has obtained EU residence certificate (after 1 year on WRS)
WRS registration – check no change of circumstances (e.g. change of employment, left job)

residence certificate

A2 National (Bulgaria, Romania)
As EEA above AND has a work authorisation document 

OR 

has obtained EU residence certificate (after 1 year on WRS

OR

has status with permission to work under immigration rules
work authorisation document - check no change of circumstances (e.g. change of employment, left job)

Residence certificate

stamp or residence permit in passport, Home Office letter

Person subject to immigration control granted refugee status
None
Stamp in passport or Home Office letter. Immigration Status Document for more recent grants of leave. Convention travel document.

Person subject to immigration control granted exceptional leave to remain or discretionary leave
ELR must not be subject to a condition requiring him/her to maintain him/herself and dependants
Stamp in passport or certificate of identity. Home Office letter.  Immigration Status Document for more recent grants of leave

Person subject to immigration control granted humanitarian protection
None
Immigration Status document

Person subject to immigration control granted indefinite leave to remain
Must be habitually resident in CTA 

And, if ILR was granted on undertaking that a sponsor(s) would be responsible for maintenance & accommodation and 5 years has not elapsed since date of entry to UK or the undertaking no sponsor remains alive
Stamp in passport or Home Office letter

Person subject to immigration control who is a citizen of a country that has ratified ECSMA[5] 
Must be lawfully present[6] in UK

Must be habitually resident in CTA
Passport

1. CTA: The Common Travel Area includes the UK, the Channel Islands, the Isle of Man and the Republic of Ireland.
2. EEA countries are: Austria, Belgium, Denmark, Finland, France, Germany, Greece, Iceland, Ireland, Italy, Liechtenstein, Luxembourg, the Netherlands, Norway, Portugal, Spain, Sweden and the UK. 
3. A worker for the purpose of Council Regulation (EEC) No. 1612/68 or (EEC) No.1251/70. 
4. A right to reside pursuant to Council Directive No.68/360/EEC or No.73/148/EEC. 
5. ECSMA is the European Convention on Social and Medical Assistance. Only non EEA ratifying country is Turkey 
6. Persons subject to immigration control are not lawfully present in the UK unless they have leave to enter or remain in the UK. Asylum seekers are generally granted temporary admission and do not have leave to enter or remain unless they have applied for before valid leave has been expired..

